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respect to 0 we shall obtain another tetrahedron whose
faces and angular points correspond respectively to the
angular points and faces of the original tetrahedron. ' Corre-
sponding to the four points a, 6, c, d which are on a straight
line, we shall have four planes with a common line of inter-
section; and, since a, 6, c, d are on the faces of the original
tetrahedron, the corresponding planes will pass through the
angular points of the reciprocal tetrahedron ; also since the
angles AOa, BOb, GOc are right angles, the three pairs
of planes corresponding respectively to a and A, to 6 and
jB, and to c and G will be at right angles ; this shews that
the line of intersection of the planes corresponding to a, b, c, d
will meet three of the perpendiculars of the reciprocal
tetrahedron. But we know [Art. 135, Ex. 4], that every line
which meets three of the perpendiculars of a tetrahedron,
meets the remaining perpendicular; and hence the planes
corresponding to d and D are at right angles, which shews
that the angle dOD is a right angle. Hence 0 is also on
the sphere whose diameter is Dd.

Ex. 1.    The reciprocal of a sphere with respect to any point is a conicoid
of revolution.

Ex. 2.   Tind the reciprocal of ax*+ by2 4- cz2=l with respect to the sphere

Ex. 3.   Shew that the reciprocal of a ruled surface is a ruled surface.
Ex. 4.    Shew that if two conicoids have one common enveloping cone
they also have another.                                     [The reciprocal of Art. 120.]
Ex. 5.   Either of the two surfaces ##24-&2/2= **%* *s SQ^ reciprocal with
respect to the other.
EXAMPLES ON CHAPTER VII.
1.    When three conicoids pass through the same conic, the
planes of their other conies of intersection pass through the same
line.
2.    Shew that, if the curve of intersection of two conicoids
cross itself, the conicoids will touch at the point of crossing ; and
that if the curve of intersection cross itself twice, it will consist
of two conies.